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Virtual links [Ka].
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Conway polynomial ∇(L).
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S ⊂ { crossings }
Smoothings of crossings in S: LS := ,

S is one-component if LS is a knot.
S is ascending, if at the first approach to each crossing of S we jump down to
smooth it.

∇asc(K) :=
∑

S ascending
one-component

(

∏

x∈S

wr(x)
)

z|S|

If S is the empty set, then we set the product to be equal to 1 by definition.
Therefore the free term of ∇asc(K) always equals 1.

Example.
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knot 62

11 one-component subsets with two crossings: {1, 2}, {1, 4}, {1, 5}, {1, 6}, {2, 4},
{2, 5}, {2, 6}, {3, 4}, {3, 5}, {4, 6}, {5, 6}.
3 ascending: −{2, 4}, +{2, 6}, and −{4, 6}.

∇(62) = 1 − z2 − z4
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