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Long term goal : Analyze countable models of complete theories.
ME : DLO

, RG are No -categorical . ACFP : countable models are Ka for ae N u Exo 3

where Ka has trans. degree 2 .

Saturated Models
-

Defied Let M be an infinite L-structure t let k s ILL tho .
Then µ is

R-rated if for
any

A-EM,
with IAI c n

, every type in SMA) is realized

in M for all nsl
.

Remark 10.2
-

a) Restricting to complete types is not important since any n-type one A until
can be extended to some p e Snm(A) (ES2 # 6)

b) CES2 #8) It suffices to assume net to prove N
- saturation

.

c) If M is x. saturated then 1Mt In.

PI : EX # a : a e MT is a l - type over M art M
,
not realized in M .

Defend ht M
,
N de L - structures and A EM , BEN . Then f : A → B is

partiality if for any L- formula 4 (Xi, . . .. Xn) and ai, . . . , an E A ,

M Ktla) iff Ntd (flat?

Given ka tht tho , M is N-h-omogenie.us if for any A- EM
,
with IAI on,

any partial elementary f : A → M ,
and any c e M

,
F deM st

f v { (c, d)3 is partial elementary.

Let T be a complete L- theory with infinite models
.

Tix M
,
NKT

Then 576/7=5410) since That -- That =T

De Sn (T) :-c 5h40) for some)any MKT.



Prepositions M KT is Ho - saturated iff M is Ho - homogeneous and

M realizes all types in Sn (T) V nel .

Prod⇐) Assam MKT is to - saturated . Then M realizes all types in Sn t) since

0 is finite . Ix finite Ac µ
, partial elementary f : A→ M, and cell

.

Define p ES CA)) st 4(x. flat) Ep ik Mt Icc ,
I)

.

Notation : f ftp.YYA )) =p . p es,TfCA)) . e.g . p
is finitely satisfiable in M :

If 4 ( x
,
flat) e p

then MET xdcx.at co Mt TextCx, flat) .

Let de M realize p .
Then fu E. (c.d)3 is partial elementary.

(⇐) Ix ai , . . .

, an
EM and p e S,M(Eai, . . . ,an3) . WTS M

realizes p .

Set q={ 44, y .
. .
. . yn) : allx.at c- p? Then ge Sun CT) . ht d. b . . . . ..b. EM

st (d.5) kg .
Then tph (5) = tpmca) . So f : bi - ai fi is partial elementary.
in

tpncblo)

Let ctMst fu { (d, c)3 is partial elementary. Then tpmkc.at/=tpMkdibD.=q .

So (Cia) f-q ice . Ctp . D

Notation : Caren M, a ,To E M
"

,
wite E EM

'

b if tpmca ) - tph (5)

So M is No -hour. if whenever I EMI and CEM
,
J de M st

Cai
,
c) EM (5.d) .

temma-10.GE any
MKT there is NEM st INI E IM It ILL and

N is to- homogeneous.
Prod
claim : For any MET, there is NEM ust INI E IM It 121 and

VI.5
, c

from M
,
st a- =M I

,
I de N G

,
c) EN CE

,
d)

.



✓ ordinals

Proof : Enumerate all Gio, c) as fat
,
Ia
,
ca)*µ , .

We build an elementary
chain (Md

#im,
st Mo --M and I Mal E IMI HH tf a .

For a limit
,
let Ma = Vialli (Est #8). Then I Mal EIN AMI HN ) IM HILL

.

Given Ma
,
look at (a-a, 52, ca) . We have a-a EM Ia .

Let & : a-
a
-Ia be

partial elementary. Apply Pop 8.4 to find Mat, I Hast l Ma , letMal HL )

E IMIHLI
,
and F de Mat , reclining f-ftp.44aa)) . Then

Ga
,
ca) EM C-bad) .

Let N= Vain,Ma .

Then INI E IMI Gul tha )
= IMI HL ) . K

We now build M -

- No k N
,
f Nz k

.
. . .

st l Nil E IMI HL)

and tf a-
,
I
,
c from Ni if a- = I then I de Nit , st ( a-,c) I II.d)

Do this by iterating Hae claim .
Let N=µ%Ni . Then INIEIMIHLI

.

N is to -homogeneous : Ang Iib , c from N are in Ni for some i . D


