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In this case

,
Sn (T) is etHe tf n (via ES2 #s)

Given a linear order A , let MA = Z . A (replace each point in A by a copy & Z).
Then MA KT .

A ¥ B ⇒ MA E MB . Cantor : # of ctbk LO is 2*0
.

So ICT
,
Xo) - 2
"

.

ICT,5'o)= ACfp, TFDA 6 .

IfT,To (T is Ho - categorical) DLO, RG , InfSets

Rematch If T is to - categorical then its unique ctbk model is saturated and pine

by Prop 14.4 .

therewith (RyH- Narzew ski ! Eneglelsrenonius 1959)

let T be a complete theory in cthle language ailh infinite models . TFAE -

i) T is to - categorical ②§
ii) tf nel , every type in Sn t) is isolated. L
iii) tf nel

, Sn(T) is finite .

iv) I n al
,
the number of L- formulas in Xi , . . .,Xn is finite

,
mod equivalence in T

Proof til ⇒ Iii) . Every type over 0 is realized in unique dbk model, which is atomic Cremate b.D

Cii) ⇒ Ciii) suppose X is a compact space and every point is isolated.
Then (Ep3)pex

is

an open cover of X
,
which has a finite sub- cover.

Ciii) ⇒ Gi ) .
If X as Hausdorff and finite then all points are isolated.

Ciillciii) ⇒ Civ) Ix nel . Let Sn G) = Epi , . . . . puts and let 9.GTI isolate pi .



Then for any L
- formula 4651

,
we have

Tkttx (4G) as ftp..ch. Cal) by Prop 116 .

Girl ⇒ Gi) fix nel
. Let d. HI , . . . , duht) represent all L- formulas in Xi, - . . . Xn .

Then p C-Sn(T) is isolated by

Adi txt n N - dik)
,

dit p did p

Gil⇒ lil
. If Lii ) holds then every model

of T is atomic. So every model of T is

Ho -homogeneous (ES3 #la) . Every model of T realizes all types in Sn CT) by Prop 12.1

So every ctble mold of T is saturated by Prop 10.5. So Tis Ho - categorical by Prep 11.4. D

Ekg ISI tet G be an infinite group and T-- Th (G) Cin group language) is to - categorical .

Then G has finite exponent.

Proof : WTS 3 n st gu-1 V gt G . Suppose not .

Cant : G is torsion -free .
W206 G is ctbk

.

Then Tv { xn# lo : na 13 has a ctbh

model H # G .

Cased : There is ge G of infinite order
.

In test
,
let ph = tp (g , gk ) C- Sz (T).

If he l then ph contains Xz = XY ,
but Pe does not

. So ECT) is infinite . D

Fact : Any abelian group of finite exponent has on to - categorical complete theory .

Codey ISI : Suppose T is a complete Ho- categorical L- theory in ctbk L .

Then
,
for any Lo E L ,

TT Lo - {PET : I is an Lo-sentence} is Ho-categorical.
Ted

Proof : Apply Them 152 Girl
.



Exemptel5I (ICT, =3]
. het L -- { c, co, C , .cz . . . . }

Let T = DLO u { Cnc Cn# : n so }
.

Claim : T is complete .

PI : (Vaught 's Test) Tix ctble M,NET. WTS MEN
.

It suffices to show that the redacts to any finite sub language are E .

Note : DLO v { Coc C, L . . . Len 3 is o
- categorical leg . as in proof of ES2 #42.

Claim : ICT
,
to) =3

PI : M
,
is (Q1

,
c) with CNN' = n (no upper bound for Cn's )

Me is (Q, e) with T2 - In L Cine e TE (upper bound, no sup )

. :: i
:O::: :: :: : :::::::D

This can be modified to obtain ICT, Ho) -k tf k 23 (EB #2)
.


