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Suppose T is a complete L-theory . L che .
I (T

,
No ) ¥2.

Proof Assume ICT, to)=2 . By Prop 14.4, T has a prime model M and a ctbh saturated

model N. By Thur 15.2, 7 some non-isolated p e SnCT) for some net . So M omits p,

and I a- EN
"

realizing p .
het 1- * = Tha (N) . Then N is still saturated as

an La - structure (ES3 #3) . So T * has a prime model B by Thin 14.2 CD .

Let A = BIL ET
.

So A- realizes p . So A # M
.

So A- EN.

So B =N CES3 #3)
.
So the prime model of T * is saturated. So 1-* is

Ho - categorical by Thin 152 .

So T is Ho- categorical by Cor 15.4.
Yo

. D
.

Uncountable Saturated Models
-

Theoremt.GR To any infinite M and Na ILI t Ho
,
there is an NEM et

N is set- saturated and IN l E IMI?

Prod Tix ne ILI tho .

Notation : X En Y means XEY and IXIEK .

Claim : IF any M ,
there is NI M st INI E IM IN and N realizes all types

in SMCA) t A En M .

Proof : # subsets R M & sia en is IMM and if IAI ER
,
then I sitA) le 271Mt?

Enumerate all such types as (palm ,Min la *clinch
. Build elementary chain (Makem ,a

St Mo -M
,
for limit 2

, My = Mi , and Mat, E Ma realizes past
Mail El Matt I Ll ( by Prop 8.4) . Let Nae U Ma .

Then INI etMlk

and N realizes all pin . H

Fix M
.
Now build elementary chain (Nda. at st lNal E IMM and



I
. No --M

2. a limit, Na = Ni .

3
.
Given Lc set

,
let Nat , I Nd St lNa , l E Walk and Nat , realizes all

types our all set A Ek Na .

'(by the Claim) .

Let N=µµ. Na . By induction on a
. INI E IMI? Nis set- saturated

since A Ege N ⇒ A En Na for some Lant
. D

Let T be an L-theory with infinite models .

+ XoCorollary 161 : If best 21 and 2K = set
,

then T has a saturated model of size re.

PI : By 16.2 , T has a Nk saturated model of size ( ILI t N
= 2k =get.

Fast, m
! If'! on .is rest

- and Hee Tian
,
then T has a ]

Basic Facts
-

1) If MEN
,
IMI - INI, and M,Nan saturated , then MEN. CEs3#eD .

2) Suppose K> ILI t Ro . Then M is K-saturated iff M is K- homogeneous and

tf NEM
,
if IN ten 1hm N elementarily embeds in It
-

"M is k- universal ?

Stability ht T be a complete theory with infinite motels.

Deft Given ME ILL tho , we say
T is notable if tf M ET, IMI -k

we have IS
,
(M) I = ok. T is stable if it is k- stable for som NZ ILI tho .



Exempt
① A-Cfp, TFDAG are a- stable tf Mt Xo . (see Example 937

② T- Th (Z
,
t
,
O
,
I
, ⇐nlnzz) when XEng iff Iz (x

-y -nz). T has QE
.

Fix MKT. Given f :{primes 3 - N st OEkn) en, we have a complete I-type

pq = { x-ta.ae MT u { X En Hn ) : n is pine] E S, (M) .

By QE, 5. (M) -- { tp (Ym) : ae M} u { pf3f .

So IS
,
full - IMI +2%

Thus T is k- stable iff ka 2*0 .

③ If Mk RG then IS , (M) ) = 21Mt (Ex 9.47 . So RG is not stable .


