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T complete, infinite models.

FTS1⇒F# Suppose IG,y) has OP art T.

( x,y tuples) . Fix ME ILL tho .

WTS T is not ok- stable
.

Claim : There is a LO (I
,
c) st III > N and there is JE Ist ITI -- n and J is dense

.

Prod : Fox minimal XEN st 2
"
> N .

Let I = IQ? Given distinct f.g E I

set 4cg itf FCA egg) where act is least set fan) #gon) .
Let J - { FEI : I act st fcxko Vexed .

IJIE M£7,2
"
EN

. ¢

Let I be as in the claim .

Consider

Tv { allXi , yjl : i, jeez : ie j T u 44Cxnsyjl : iije I, is j ?

This is finitely satisfiable since 4G
,y)

has OP artT. So F NET and fail;e=,
and (biliez , ai EN! bi E N ' and NENai,bj ) iff ie j . B DIST

F M EN st IMI en and bi E M
'
tf ie J

.

We show 15×04312121 > ok,

and thus T is not n- stable (ES3 Head .
Ir ie I

,
let pie tp laity ) .

Fx i. je Ist icj .
F ke J stick cj . So 44, bk ) Epi and

44
, but ¢ pj . So pit pj . D

FTS3⇒FS2# Fax an L- formula cflx . y) st 4 does not have OP artT
.

Fix MKT
.

We show that any PE Sx (M) is definable art 4%7 .

Let X - S×CM7 and Yes
,
CM) . ht A - Etp (4mL : aeM×3 EX

A- is dense in X : Given an Ln- formula 46×1
,
if Eycx)) -4/0 then MKFXYGD

,

so 3- a c-M" st Mk 467
,

so tp Calm) t fullxD NA .

Let D= ftp.lb/m7:beM ' 3 .

Then B is dense Y
.



Identify A meth M
"

and B with M? het 2--9913 Klocek space ).

Define f : A x B → 2 st f (a, b) =/ iff Mk alla, b) .

Notation Given a c-A
,
beB

,
let fb : A- 2 and f

"

:B- 2 be the

corresponding fiber functions leg . fb (a) = flails)) .

Given be B
,
let § : X→ 2 st &. pe X

- 5. (M)
, Ib (p) =L ihr ICHble p .

Fb extends fb : Ginn aEA , Fbla) = ) iff 4 (x,b) e tp (Ym) iff M talk,37
if fb (a) =L .

I
, is continuous : #b)

"

(913) = flex,BB (B)
"

(9037--444,373
.

Similarly, given at A, Ia : Y→ 2 st FfgKl ihr alla, g) e- g .

Mainclaim : There is a separately continuous function F : Xx Y- 2 extending f.

Suppose this holds . Fix pesx (M) - X . WTS p
is definable art allx.yl .

FP : Y- 2 is continuous . Set D= (FP)
"

({ 13) . D is dopen in 7-Sy (Ml.

So D= [46yd for an Lm- formula 447 .
CES2¥71 .

Fix be M
'
-B

4K,b) Ep if I, Cp) =L

if Fb (p) =/ ( Fb . ffb
,area.cm?huous

extensions fz and]
if F'
'

(b) = I

if tplblmle D= [44yd
if M¥467 .

Pnofd1heMainCkimGod⑧V-pc-X.ge Y 3 open nbhd, Upg of
p t Vpg of g St



Vac. An Upg and be Bnvpg , Escp) -- Ecg) tpg .

Ginn⑧ : define F : Xx Y- 90,13 st ftp.gl-tpg.

F- extends f : For a EA, beB, a c-An Uab ⇒ tab = facts) -76,37 .

F- is separately continuous :

e.g . p EX, t E 2

(FP )
- '

(Et 's)=U{Vpg : get, tpg=t3 .


