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group .
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Given p , yes, (G) , wik por g
:B V-a.be 6

,
aXb Ep it axb c-
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Lemma22l_ There are only finitely many bi -generic types in S, (G) modulo n .

Proof (non- examinable)
ht O Cx) be a formula defining X . WLOG OG) is an L- formula . (add constants)

let 4(x; g.z) be Off! x. Et) . Note allx;aid defines aXb
.

Given MKT and p.ge S, (M) , write pug
if Va, b EM , dlx,- aid Ep i

(Xia, b) Eg .

Given a set g
of Ln - formulas in free vbk x . we define

R (g) e N u E- to} .
R(g) so it gis a type wrt M .

R (g) Intl iff F NIM and pies, (N) B- is o, st pizz , RcpiHn,
and pin Pj to# j .

Note : If peg then Rayle RGD
strategy : l . R(x=x) e r .

2 . # { max rank pts, (G)31N is finite .

3
. Any bi -generic PE 5. (G )

has mex rank .

Write dlxiy , z) as I(Xiv) (where v- Cy, z) ) .

Given MKT and glx) and a cardinal X (possibly finite ), define

Ng , H -

- ftp.qcxau
{Hs . v pesade is : T! :& ? ien.]



Claim : R(g) an iff Tcg, n) is consistent
.

Proof : (see notes)

Claims : R (x-- x) = n c N.

(for some n) .

Proof : Suppose RG -
-x7- is. By Clam 1

,
T(x-x, n) is consistent F nel .

By Compactness, P(xx, 27 is consistent for any X . Ix Nz III tho .

WTS : Tis not a-stake
.

Choose minimal X st Nc 2? Let Cao , bs.i.gr) t T(x=x, X) in some NKT.

Choose MEN stbs.is; EM tf si,j . and IMI E IN l ER
.

Let Po - tp (ATM) . If of t then I snsj st i#j , sie o, sjet,

and so clubs
, i. ;) E po itt - IG, bs.i.PE Pe .

So IS
,
ADIE I N' 4=2 " >n-g.

Claims : There are only finitely many rank n types in 5,66 ) mod ~ .

Proof : otherwise RG -- x) s htt . K

claim : For any MKT
and any pix) over M , I finite gep st 12407=12627 .

Proof : Suppose Rcp) - n. Then T(p, ntl) is inconsistent by Claim 3 .
So F finite gfp

St T(g, nth is inconsistent. S R (g) En.

So n - Rcp) ER(g) En. ¢

Claims : Given MKT and Lm - formulas 4,41, 41×7, we have

R( 4. (Nv 41xD = max 91214,417
, Rah Cx) ) 3 .

Proof : ETS E . By pigeonhole and since the types pi in the del. of R are complete .y

Claims : Ginn MET
, a. be M, and gcxl, we have Rlagb) - RCN .

Proof : ETS E . By induction . Suppose RCg) Intl. Tax NIM and pies, CN)

witnessing it . Let gi
-

- apib . Then g; zagb and R Cgi ) In by induction .

Fix itj . F c,
d EN st dx;c.d) e pi iff -Hye, d) epj .



So afcxiac
, dbdegiihfndcx.ae, db) tgj . So gingj .

So Rcagb) anti. ¢

Claim't : If p c- 5,667 is bi-generic , then Rcp) -- n .

Proof : By claim 4
,
7 Yep st RG) = Rcp) . So Y is bi - generic .

Since REG) --RG-- x) =n, 7 a,be G st RcaYb) - n by Claims.
So RLY)=n by claim 6

. So R Cpl -- n .¢

Claims S t 7 yields the result
. D

More to
say

about the "structure " of the collection of bi -generic types in SCG).


