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Tropical Geometry of Genus Two Curves
Maria Angelica Cueto and Hannah Markwig

E@ 10 o€ Tt P

of weighted dual

I 111
&) ‘ \ ‘ (D graphs of genus
O@ " 2 curves.

o oo o —eo—§—o— '_'_"T"'_""
1 g=l1 1 g=2
avy T W) | Vi | >F(VH)

Fig. 2: Harmonic 2-to-1 covers of all possible metric trees on 6 leaves by abstract ..
genus 2 trop. curves with 6 leaves, and the ordering of the valuations of the 6
branch points. All weights of the edges in the source curve equal 2 or 1.
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Fig. 3: Newton subdivisions induced by the hyperelliptic equation
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‘ Type ] Cover with lengths on Mt P Defining conditions ‘ Lengths on M;™P ‘
1 W2 wi3—wy Wwi—wWw3 Wg—wy ) 2we —ws 6 L'D = (UJ4 - w3)/2
|
(I) L\J3| wsa Wy Ws Wi <wgp <z <wy <Wws<Wsg Ll :2({""‘5_{""]4)
2 3 4 5
LQ = 2(&.,‘3 e wg)
W wa w3 Ly Ws e
1 Wp W3—Wz Ws—ws 2“-'6“““"66 W <y <wg <Wws < W Lo = 2("-‘-’3 = d34)
w3 — dag w
wy 5
(H) 9 d34A:34 5 W3 = Wy L, = 2(WS = w3)
3
—eo ) ® ° in(a3) = in(ay) Ly = 2(w3 — wy)
Wy w2 wi=wy 4 we
1 Wa Wi—wz ws—ws 2we—ws 6 W <wg <wyg <ws < wg L[) =0
111 = “’3/\““3 &
(Y 2 3 4 5 W3 = Wy Ly = 2(ws — w3)
8- §— o ° ; :
w1 Wy wz=wg W we in(az) # in(ay) Ly = 2(ws )
O W B ke 2we —wa 6 W < Wp <wg < Wy < W Lo = (qu = w‘g)f?
1AY wal  wml e/ N
( ) 9 3 4 5 Wy = Ws L] =i
w1 w2 Gy, WamWs B in(ay) # in(as) Ly = 2(w3 — wa)
1 w2 wa—wy 2w —wa 6 W <wg < wy < Ws Lo = (UJ4 = wg)/2
v e N
W 2 3 4 5 Wy = Wz, Wq = Ws Ly=0
® . : b s
wy "‘"12'=w3 w42w5 weg !.I].(O!'g) ;é ln(ag) L2 = 0
in(ay) # in(as)
: i T T 6 w < wy < ws < W LU =10
“’3/\\“’3 =
v | A sw=w=us | =0
- - in(as) # in(a)
wp w2 wy=wg=ws W in(az) # in(as) Loy = 2(w3 — wy)
' in(ay) # in(as)
I 1wz 2ws—wa g W < wo < We Lyp=0
g wa
(VII) 2 g [5 5 Wy =Wy =Wg = Ws Ll —0
4
3 ' & in(e;) # in(q;) 1 fonce
wi Wo forlciggiet |7
Wy =Wwyg=wy=Ws ‘

Table: Comb. types, valuations and lengths for w; =

—val(a
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